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Abstract:

We focus on measuring relationships between pairs of
objects in Wikipedia whose pages can be regarded as
individual objects. Two kinds of relationships between
two objects exist: in Wikipedia, an explicit relationship
is represented by a single link between the two pages for
the objects, and an implicit relationship is represented
by a link structure containing the two pages. Some of
the previously proposed methods for measuring relation-
ships are cohesion-based methods, which underestimate
objects having high degrees, although such objects could
be important in constituting relationships in Wikipedia.
The other methods are inadequate for measuring im-
plicit relationships because they use only one or two of
the following three important factors: distance, connec-
tivity, and co-citation. We propose a new method using
a generalized maximum flow which reflects all the three
factors and does not underestimate objects having high
degree. We confirm through experiments that our method
can measure the strength of a relationship more appropri-
ately than these previously proposed methods do. Another
remarkable aspect of our method is mining elucidatory
objects, that is, objects constituting a relationship. We ex-
plain that mining elucidatory objects would open a novel
way to deeply understand a relationship.

Keywords:

Link analysis, generalized flow, Wikipedia mining, rela-
tionship.

1.INTRODUCTION:
1.1.Purpose:

Searching webpages containing a keyword has grown in
this decade, while knowledge search has recently been
researched to obtain knowledge of a single object and
relationships between multiple objects, such as humans,
places or events.
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Searching knowledge of objects using Wikipedia is one
of the hottest topics in the field of knowledge search. In
Wikipedia, the knowledge of an object is gathered in a
single page updated constantly by a number of volunteers.
Wikipedia also covers objects in a number of categories,
such as people, science, geography, politic, and history.
Therefore, searching Wikipedia is usually a better choice
for a user to obtain knowledge of a single object than typi-
cal search engines.A user also might desire to discover
a relationship between two objects. For example, a user
might desire to know which countries are strongly related
to petroleum, or to know why one country has a stronger
relationship to petroleum than another country. Typical
keyword search engines can neither measure nor explain
the strength of a relationship. The main issue for measur-
ing relationships arises from the fact that two kinds of
relationships exist: “explicit relationships™ and “implicit
relationships.” In Wikipedia, an explicit relationship is
represented by a link. For example, an explicit relation-
ship between petroleum and Gulf of Mexico might be
represented by a link from page “Petroleum” to page
“Gulf of Mexico.” A user could understand its meaning
by reading the text “Oil filed in Gulf of Mexico is a major
petroleum producer” surrounding the anchor text “Gulf of
Mexico” on page “Petroleum.” An implicit relationship
is represented by multiple links and pages. For example,
an implicit relationship between petroleum and the USA
might be represented by links and pages depicted in Fig.
1. For an implicit relationship between two objects, the
objects, except the two objects, constituting the relation-
ship is named elucidatory objects because such objects
enable us to explain the relationship. For the example de-
scribed above, “Gulf of Mexico” is one of the elucidatory
objects. The user can understand an explicit relationship
between two objects easily by reading the pages for the
two objects in Wikipedia. By contrast, it is difficult for the
user to discover an implicit relationship and elucidatory
objects without investigating a number of pages and links.
Therefore, it is an interesting problem to measure and ex-
plain the strength of an implicit relationship between two
objects in Wikipedia.
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1.2.Scope:

Several methods have been proposed for measuring the
strength of a relationship between two objects on an in-
formation network (V ;E) a directed graph where V is a
set of objects; an edge (u; v) 2 E exists if and only if ob-
ject u 2 V has an explicit relationship to v 2 V. We can
define a Wikipedia information network whose vertices
are pages ofWikipedia and whose edges are links between
pages. Previously proposed methods then can be applied
to Wikipedia by using a Wikipedia information network.
A concept “cohesion,” exists for measuring the strength
of an implicit relationship.

CFEC proposed by Koren et al. [1] andPFIBF proposed
by Nakayama et al. [2], [3] are based on cohesion. We do
not adopt the idea of cohesion based methods, because
they always punish objects having high degrees although
such objects could be important to some relationships in
Wikipedia, as we will explain in Section 2.2.0ther previ-
ously proposed methods use only one or two of the three
representative concepts for measuring a relationship: dis-
tance, connectivity, and cogitation, although all the con-
cepts are important factors for implicit relationships. Us-
ing all the three concepts together would be appropriate
for measuring an implicit relationship and mining eluci-
datory objects.

1.3Motivation;

We propose a new method for measuring a relationship on
Wikipedia by reflecting all the three concepts: distance,
connectivity, and cocitation. We measure relationships
rather than similarities. As discussed in [4], relationship
is a more general concept than similarity. For example, it
is hard to say petroleum is similar to USA, but a relation-
ship exists between petroleum and the USA. Our method
uses a “generalized maximum flow” [5], [6] on an infor-
mation network to compute the strength of a relationship
from object s to object t using the value of the flow whose
source is s and destination is t. It introduces a gain for
every edge on the network. The value of a flow sent along
an edge is multiplied by the gain of the edge. Assignment
of the gain to each edge is important for measuring a rela-
tionship using a generalized maximum flow. We propose
a heuristic gain function utilizing the category structure
in Wikipedia. We confirm through experiments that the
gain function is sufficient to measure relationships appro-
priately.
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1.3.1 Definitions:
The main contributions of this paper are as follows:

1.A detailed and methodical survey of related work for
measuring relationships or similarities

2.A new method using generalized maximum flow for
measuring the strength of a relationship between two ob-
jects on Wikipedia, which reflects the three concepts: dis-
tance, connectivity, and cocitation

3.Experiments on Wikipedia showing that our method is
the most appropriate one

4.Case studies of mining elucidatory objects for deeply
understanding a relationship

System Model:
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Fig. 1. Explaining the relationship between Petroleum and the USA.

2.RELATED WORK:

We aim to measure implicit relationships between two
objects on the Wikipedia information network. Although
relationship is a more general concept than similarity, we
discuss existing methods for measuring either relation-
ships or similarities, in this section.

2.1 Distance, Connectivity, Cocitation:

The Erdo”s number [10] used by mathematicians is based
on distance and coauthorships. The legendary mathema-
tician Paul Erdo”s has a number 0, and the people who
cowrote a paper with Erdo”s have a number 1; the people
who cowrote a paper with a person with a number 1 have
a number 2, and so on. The Erdo”s number is the distance,
or the length of the shortest path, from a person to Erdo”
s on an information network whose edge represents coau-
thorship; a shorter path represents a stronger relationship.
However, the Erdo”s number is inadequate to represent
the implicit relationship between a person and Erdo”s be-
cause the number does not estimate the connectivity be-
tween them.
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The hitting time [11], [12] from vertex s to vertex t is
defined as the expected number of steps in a random walk
starting from s before t is visited for the first time. Actually,
the hitting time from s to t in a network represents the av-
erage length of all the paths connecting s and t. Sarkar and
Moore [12] proposed “Truncated Hitting Time” (THT) to
compute the average length of paths connecting two ver-
tices whose length are at most Lmax only. A smaller dis-
tance represents a larger similarity. THT does not estimate
the connectivity between two vertices. For example, sup-
pose only m 1 vertex disjoint paths of length k connect s
to t. THT computes the distance from s to t to be k for any
m is greater than or equal to 1. The connectivity [5], more
precisely the vertex connectivity, from vertex s to vertex
t on a network is the minimum number of vertices such
that no path exists from s to t if the vertices are removed.
s has a strong relationship to t if the connectivity from s to
tis large. The connectivity from s to t is equal to the value
of a maximum flow from s to t, where every edge and
vertex has capacity 1. However, the distance cannot be
estimated by the maximum flow because the amount of a
flow along a path is independent of the path length. Lu et
al. [13] proposed a method for computing the strength of
a relationship using a maximum flow. They tried to esti-
mate the distance between two objects using a maximum
flow by setting edge capacities. However, the value of a
maximum flow does not necessarily decrease by setting
only capacities even if the distance becomes larger.

Therefore, their method cannot estimate the distance suc-
cessfully by the value of the maximum flow. Instead of
setting capacities, we use a generalized maximum flow by
setting every gain to a value less than one. Therefore, the
value of a maximum flow in our method decreases if the
distance becomes longer. co-citation-based methods in
this paper. Milne and Witten [15] also proposed methods
measuring relationships between objects in Wikipedia us-
ing Wikipedia links based on cocitation. Cocitation-based
methods cannot deal with a typical implicit relationship,
such as “person w is regarded as a friend by person v who
is regarded as a friend by person u.” This relationship is
represented by the path formed by two edges du; vP and
Ov; wb. In contrast, cocitationbased methods can deal
with two edges going into the same vertex, such as edges
Oou; vb and 0w; vb. Therefore, cocitationbased methods
are inadequate for measuring an implicit relationship.
Furthermore, cocitation-based methods cannot deal with
3-hop implicit relationships defined in Section 1 because
these methods estimate only relationships represented by
paths formed by two edges, as explained above.
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2.2 Cohesion:

In the field of social network analysis, cohesion-based
methods are known to measure the strength of a rela-
tionship by counting all paths between two objects. The
original cohesion was proposed by Hubbell [17], Katz
[18], Wasserman and K. Faust [19]. It has a property that
its value greatly increases if a popular object, an object
linked from or to many objects, exists. As pointed out in
other researches [20], [1], [2], this property is a defect
for measuring the strength of a relationship. Several cohe-
sion-based methods, such as PFIBF and CFEC explained
below, were proposed to dissolve this property.

Nakayama et al. [3], [2] proposed a cohesion-based meth-
od named PFIBF. Instead of enumerating all paths, PFIBF
approximately counts paths whose length is at most k > 0
using the kth power of the adjacency matrix of an infor-
mation network. However, in the kth power of the ma-
trix, a path containing a cycle whose length is at most k 1
would appear. PFIBF cannot distinguish a path containing
a cycle from a path containing no cycle. For example, if k
> or = 3 and two edges (u, v) and (u, v) exist, then PFIBF
counts both path (u; v) and path (u; v; u; v) containing a
cycle (u; v; u). Consequently, PFIBF has a property that it
estimates a single path, e.g., (u; v) in the above example,
for multiple times. The length of a cycle is at least two.
No path containing a cycle appears if k < or = 2. In fact,
PFIBF usually sets k = 2.

Therefore, PFIBF is inappropriate for measuring a 3-hop
implicit relationship. However, a number of 3-hop im-
plicit relationships exist in Wikipedia. The “Effective
Conductance” (EC) proposed by Doyle and Snell [21] is a
cohesion-based method also. EC has the same drawback
as PFIBF: it counts a path containing a cycle redundantly.
Koren et al. [1] proposed cycle-free effective conductance
(CFEC) based on EC by solving this drawback. For a posi-
tive integer k, CFEC enumerates only the k-shortest paths
between s and t, instead of computing all paths. CFEC
does not use a path containing a cycle, although it cannot
count all paths.

2.2.1 Popular Objects in Wikipedia:
PFIBF and CFEC underestimate a popular object. CFEC

defines the weight of path p=(s= v1, v2, . .vt =t) from s
totas
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Fig. 2. CFEC on two networks,

Fig. 2 depicts two networks and all the paths between s
and t. For simplicity, let the weight of every edge be one.
The wsum of each vertex is written in the rectangle near
the vertex. The weight of each path is presented at the
right side of the path Let us consider the implicit relation-
ship between the “Rice” and “Koizumi” depicted in Fig.
3. Bush was the President of the USA, and Rice worked
under the administration of Bush. Koizumi and Olmert
were the prime ministers of Japan and Israel, respectively.
The numbers of objects linked from or linking to “Bush”
and “Olmert” are 1,265 and 289, respectively, in Wikipe-

dia.
Potue
H Junichiro
Rice P Kolzumi
J

Fig. 3. A Relationship between Rice and Koizumi.

3SMETHOD FORMEASURINGRELATION-
SHIPS USING GENERALIZED FLOW:

Here we propose a generalized maximum flow-based
method which reflects all the three concepts and does not
underestimates popular objects, in order to measure rela-
tionships on Wikipedia appropriately.

3.1 Generalized Maximum Flow:

The generalized maximum flow problem is identical to
the classical maximum flow problem except that every
edge ¢ has a gain y(e) > 0; the value of a flow sent along
edge e is multiplied by y(e). Let f(e) > 0 be the flow f on
edge e, and u(e)> 0 be the capacity of edge e. The capac-
ity constraint f(e) < u(e) must hold for every edge e. The
goal of the problem is to send a flow emanating from the
source vertex s into the destination vertex t to the greatest
extent possible, subject to the capacity constraints.

Volume No: 2 (2015), Issue No: 8 (August)

Let generalized network G =( V, E, s, t, u,y) be informa-
tion network (V,E) with the source s belongs to V , the
destination t belongs to V , the capacity , and the gain
y. Fig. 4 depicts an example of a generalized maximum
flow on a generalized network. One unit of flow is sent
from the source s to v1, i.e., f(s; vl) = 1, the amount of
the flow is multiplied by y (s; v1) when the flow arrives
at vl. Consequently, only 0.8 units arrive at v1. In this
way, only 0.512 units arrive at the destination t. The ca-
pacity constraint for edge ¢ = (u, v) must hold before the
gain is multiplied. F(s; vl) = 1 < pu(s, v1) must hold, for
example.

flow:1 0.8 Vs

- . L
capacily:gain ¥

Fig. 4. Generalized maximum flow.

We discuss the cocitation at last. A flow emanates from
the source into the destination, and therefore the flow sel-
dom uses an edge whose direction is opposite that from
the source to the destination. On the other hand, we re-
quire use of both directions to estimate the cocitation of
two objects. We consider the relationship between two
objects s and t in the network presented in Fig. 5a. Object
u is cocited by s and t. This cocitation is represented by
two edges (s; u) and (t; u).
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TABLE 1
Rankings of Persons
Source Diestinations Humian :)::p GSD ';I][::: o [ fl:‘ 3 hop "d‘:r“] & IEII[.,.I,J,T r'l:'"F'.
Henry l{i“iul,-.:r | (8.5) 1 i231) 12e) | 1 (7.94) F2ay | 1 osl) 1 (1549} [N 3] I {298712) 1
Richard Zhou Fnla T8 | 20037 | 200.34) | T05.09) | I0106) | T(0RY) | I(T40) | T(0.9T) | 3 (2.99098)
Nixon [ Nguyen Van Thiea | 3 (341 | 3 (0L06) | 2 (0.34) | 3 (.80 | 3(009) | 30810 | J(1.15) | 3 (0.85) | 4 (299173)
Wallis Simpson (L0 [ A (O80) | 4 (040 | 4045 | 4000 | 4 (080 | 4000 | 400 | 2208720 |
Yasuo Fukuda iy | 1 obe®) [ rooroy | o939 | Dar3s) | 10y [ 1 01.57) 1 i1.01) | {29T559)
Mobutaka | Condoleczza Rice TN TIMINTIM0AT 3075 3001 3000 [ TT000 | 20ET | T 29EE)
Machimura | George W, Bush T [ 3064 40056) 0 2 (1.04) 20002 2 0001) [ 3009 3(0,03) 3 (20070
Hillary Clinton 056 | T061) 3 (0.48) [F00237) [ 4 (000 [ 3 (0.0 | 4002 | 000 | 4 (L0088 |
Donald | ek Cheney L7 [ 14205 [ 1007 2(3.38)  2(1L08) 2 (084) [ 20125  2090) [ 1 29%9%6) |
Henry Condolecrza Rice 269 [ 2 tl.jﬁj ] |I'3_21|_ A(258) 40002 40000 ] 3023 300 T2O8413)
Rumsfeld | Ronald Reagan SES 3007 | 30035 1347 101200 1 (089) | 10135 1 (096) | 2 (2.97003)
Junichiro Koizumi | 4 (38 [ 4(0.36) | T30 [F(T63) 3 (0.06) 3 (0.02) [ ¥ (0.10) | J10.0%) | 4 (2.99659)
Shinzo Abe 09,0y [ 15,300 T 1 o008y [ 12960 [ 18T T LI ] 10372 | 10072 [ 1208930 |
Junichiro  DDGHAIMRERSEINN| 2 (5.5 | 2(1.99) | 2(0.55) | 2(2.32)  3(0J2) | 3 (0.04) | 4 (0.098) | 3 (0.03) | 3 (2.99916)
Koizumi  ["Wen Jiabao T3 401660 2(053) 42000 2(1.03) 2081 | 20114 2084 | 2 (2.99666)
Condolecera Rice DN 30083 [40035) 3217 [ 4006 T4 000 | 301003 T 3003 | F (2808
Hillary Clinton [(9.5) [ T(268) | 1(0.27) | 1(739) | 1(1.36) | 1 (095) | 1(200) | I(L21) | I (298550)
Bill Keizo Obuchi T 4(108) 30460 3(229) 3007 [TO03 | 30300 3008 | 3(299553)
Clinton [ Junichiro Koirumi | 3027 [ 3(0L10) 240410 2(342) | 2(0.09) | IO 2(0.32) | 200 | 2(299513)
Yasuo Fukuda 03T 2 (LT (.58) (.75 (0.02) | 4 (0.00) | 4 00Ty | 4 (0.03) | 4 (299860
Takeo Fukuda P97 [ 103y | Too0e) [ U Orn7y [ V202y [ TOR20) | Te20d) | OR300 [ 1 (299176) |
Yasuo | Tony Blair TET 3(1.43) 40520 3(1.30) 3 (006) 3 (000 | 40006 4001) | 4(299943)
Fukuda [ Nicolas Sarkozy Tidt) 20175 200500 24207) 2410%) 20080 | 2¢010) 20082 | 2(2.99518)
Muamom Mohn A(3E) AT 2050 [ 4047 [ 4000 [ 4000 | 3007 3 i002) 3 (2.00886)
Noboru Takeshita A8 [ 1070 ] Voo | Eain | 1 onasy | 1 o0se) [ 1 LsS) |1 iLimy [ 1 (298707
Kiichi George H. W Bush | 3(4.9) | 2(1.07) 4 (0L58) 3 (086) 3 (1.04) 3(081) | 3(1.04)  3(0.81) | 3 (2.99022)
Mivarawa [ Fobert Rubin | 3140 4 (0710 2(0.49) 4 (0460 4 (001 4 (000) | 4002 40001 | 429719
| Bill Clinton T35 _3(L05) 2049  2(1.74) [I01.06) 2 (082) | 2(1.21) 2 (0.86) | 2 (2.98931)
Ronald Reagan 1850 [ 10L83) [ 1 (080) [ 195y [ 1 anam [ 1092y [ 1155 [ 1097 | 2 (299308)
Yasuhiro | Chun Doo-hwan T35 301400 3045 3194 | IATIN | I00ET | NI | IU0ES ] 3 (2.99408)
Makasone [ Bikhail Gorbachey | 31400 2(1.53)  2(043) 2(3.22) 4(029) | 4 (0.08) | 4(0.28) | 4(008) | 4(2.99725)
Yuri Andropov I 4115 i 1L (AT | sty 3 (L0S) 3 (08Y | 3 (.06 3 0.8 | (2.99017)
Douiglas MacArhur [ 1(83) [ 10222 [ 100800 [ 1723 [ V(038  2(093) [ 10135 | 10970 [ 1 (299198)
Shigeru [ John Dulles J54) 4(L14) [ T0047) 3(1.69) 4(0.04) 4(001) | 4(0.08) 4(003) | 4(2.99887)
Yoshida | Harry S, Truman 30 20137 4057 202601 [ 3(0L05) [ 308D | 241150 2 (0.5 | 3 (2.99311)
Benio Mussoling 4035 3(0L17) Tase [Tirsm 2 (L0 | 2(083) | 30108 [ T(0EY 2 (2.99283)
Shinzo Abe TeT) [ 128 [ oSy [ 125y [ 1a2oe) [ 1) [ 1 oas) | 1oLs) [ 1 (298775)
Taro Condoleczza Rice TS0 4(185) 400500 42060 4004 40001 | 4(1.12) 4083 [ FIWIIW |
Aso George W, Bush T34 2(212) AR 204900 20030 2(086) | 20145 2093 | 2(2.99488) |
Kim Jong-il 0 30199 200400 3200 30D 3 (083) ] 31200 3 (0.85) | 3 (2.99512)
a real number in parentheses is the score. Similarly, the
o . .

G ® | ranking and the strength obtained by our method, GSD,
) PFIBF, the four methods of CFEC and THT, are written
in the column “Ours,” “GSD,” “PFIBE,” “CFEC,” and

5 (R

“THT,” respectively. “k hop” written behind the name of
a method indicates that the method measures a relation-
ship between source s and destination t on the network
constructed using at most k hop links from s and t. Note
that, GSD and THT use a smaller real number to represent
a stronger relationship.

Fig. 5. A doubled network.

4 EXPERIMENTS AND EVALUATION:
4.1 Data Set and Environment:

Here, in our system, we perform experiments on a Japa-
nese Wikipedia data set (20090513 snapshot). 27,380,912
links appear in all pages. We remove pages that are not
corresponding to objects, such as each day, month, cate-
gory, person list, and portal. Finally, we obtain 11,504,720
remaining links.

The shadowed cells for each method emphasize the dif-
ference between the ranking obtained by human subjects
and that obtained by the method. Fig. 6 depicts the ratio
r@deg of vertices having degree deg within each range in
the 1,000 shortest paths used by CFEC to measure each
of the four relationships whose source is “Koizumi.” The
1,000 shortest paths for destination “Rumsfeld” contain
much more popular objects than those for the other des-
tinations do. Especially, 21.4 percent of the vertices for
“Rumsfeld” have degree over 1,000.

4.2 Evaluation of Rankings:

Table 1 presents the rankings for the 10 sources. For each
source, the ranking and the average score obtained by hu-
man subjects are written in the column “Human;” an inte-
ger 1-4 is assigned as the ranking of the destination;
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Fig. 7 depicts the average Pdeg of the k1th to k1 + 99th
shortest paths for each relationship, for k1 is 1, 101, ...
, 901. The average Pdeg for “Rumsfeld” increases most
rapidly along with the rising of k1 because many popular
objects exist in these paths. Therefore, the weights of the
paths for “Rumsfeld” become much smaller than those
for the other destinations. Consequently, the relationship
of “Rumsfeld” is underestimated by CFEC. We also ob-
served similar results for other relationships underesti-
mated by CFEC and PFIBF. Therefore, popular objects
in Wikipedia cause undesirable influence on CFEC and
PFIBF.

arDenakivenry Rumafold

)
s

) s Wenjia bao
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Fig. 7 Avarage P, of the kyth 1o & + %th paths,

We also compute the Pearson’s correlation coefficient be-
tween the obtained strength and the score given by the
participants. For each method, Fig. 8 depicts the average
correlation coefficient for the 10 sources. Note that, the
bar “GSD” and “THT” indicates the absolute value of the
coefficient for GSD and THT, respectively. The original
coefficient for GSD and THT are negative because they
gives smaller value to represent a stronger relationship.
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Fig.g2 Average correlation coalficient of aach method.

Our methods (2 hop) and (3 hop) have the best two cor-
relation coefficients: 0.953 and 0.939, respectively.

The coefficients of GSD and PFIBF (2 hop) are fairly
good: 0.904 and 0.901, respectively. However, GSD can-
not use three hop links by nature as explained in Section
2. The coefficient of PFIBF (3 hop) is fairly worse than
that of PFIBF (2 hop).Therefore, GSD and PFIBF are
unsuitable for measuring the strength of 3-hop implicit
relationships. The coefficient of THT is even worse than
that of PFIBF (3 hop). Moreover, GSD, PFIBF, and THT
were unable to mine elucidatory objects constituting an
implicit relationship, although our method can do so. The
coefficients of the CFEC variants are much lower than
those of other methods, except THT. For the same variant,
the difference between the coefficients of CFEC (2 hop)
and CFEC (3 hop) is very small; using k = 1,000 short-
est paths performs slightly better than using k = 200. The
variants (d1) and (dg) using doubled networks produce
higher coefficients than the other variants. As discussed
above, a doubled network is effective for CFEC. On the
other hand, the variants (og) and (dg) using the gain func-
tion do not produce higher coefficients than (o1) and (d1),
respectively. Therefore, our gain function is not effective
for CFEC.

4.2.2 Relationships between Petroleum and
Countries:

we obtain the rankings of the 192 countries according to
the strengths of their relationships with “Petroleum” us-
ing each method as another experiment. It is difficult to
find the ground truth for evaluating these rankings. How-
ever, the production and consumption of petroleum of
each country could be helpful in estimating the rankings.
We create a statistics-based ranking of the 192 countries
according to the scores computed by using the statistics
about the oil production and consumption of the coun-

tries. ail production of a country

SCOTE =

il production of the world )

oil consumption of a country

ail consumption of the world”

TAELE 2
Rankings of Countries for Petroleurmn

‘1BF FEC 5 hop k= (] THT 3
Ranking | statistics-hased ‘”':P GSD ':"::; o € "f: 2 hop lll"""‘ T -I’“. :"';
1 USA lapan Irisy Iran RAA LD Iran Iran UAE
2 Russia Usa Tran KA Kuwait Kuwait Indomzsia Indomesia Iran
3 Ctina Russia ESA Irag Irag Irag Irag Irag Romania
4 K3A KSA Kuwail Japar Iran Iran KSA KSA Irag
5 Iran China Indonesia Brazil Esypt Egvpt Norway UAE KSA
[} Canada Libwva Labwa Indonesin | Bral Libya UAE Migena Norway
7 Mexico kuwait | UAE Ezypt Libwa LAE Fuwait Fuwant Kyrgyzstan
] Japan Lk Pakistan Turkey LAk ~ Algena Migena Bomema Eurwant
9 Brazil Iran Afghamstan | Lsbya Indones:a  Hraml Remama | Algena Indonesia
1n India Bahrain | Singapore LAE MNorway Morway | Egyp MNorway Tajikistan
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Although the relationship between petroleum and a coun-
try is not only dependent on its production and consump-
tion of petroleum, the statistics-based ranking offers an
objective way for evaluating the rankings obtained by each
method. The top 10 countries in the rankings obtained by
each method are presented in Table 2. Our method yields
the most similar ranking to the statisticsbased ranking;
the top 10 countries of both rankings contain countries
which would be strongly related to petroleum, including
petroleum producing countries such as “Saudi Arabia”
and “Kuwait,” and petroleum consuming countries such
as “Japan” and “USA,” in equilibrium. On the other hand,
other methods rank few petroleum consuming countries
strongly related to petroleum as the top 10 countries. Es-
pecially, except our method, the two largest consumer
“USA” and “China” are not ranked in the top 10 by other
methods.

We then evaluate the precision at the top n countries of a
ranking, abbreviated to P@n, computed by |Sn|/n , where
Sn is the set of countries appeared in both the ranking
and the statistics-based ranking. Fig. 11 depicts P@10,
P@20, and P@30 of all rankings. Similarly to the results
of the first experiment depicted in Fig. 10, our method (3
hop) and our method (2 hop) generate the highest preci-
sion. The precision of PFIBF (2 hop) is second highest,
although that of PFIBF (3 hop) is fairly worse. CFEC (2
hop) performs almost the same as CFEC (3 hop), simi-
larly to the first experiment. There are little differences in
the precision of every variant of CFEC (3 hop).
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Fig.8. Precision of rankings for patrolaum.

4.3 Case Studies of Elucidatory Objects:

Our method outputs the top-k paths for each relationship,
say top-30 paths, primarily contributing to the general-
ized maximum flow, that is, paths along which a large
amount of the flow is sent. We call objects in such paths
elucidatory objects constituting a relationship. We discov-
ered several examples in which elucidatory objects are in-
teresting and meaningful for explaining relationships. In
this section, we present one of these examples to show the
possibility of elucidatory objects for understanding rela-
tionships.Fig. 9 portrays five paths (A)-(E) contributing
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to the flow emanating from “Buddhism” into the “USA.”
Buddhism originated from India, extended around Asia,
and spread further into Europe and to the USA. The
Northern United States in path (A) is a large geographic
region of the USA. Many immigrants from Southeast
Asia are living in the region, and Buddhism is their pri-
mary religion. Richard Gere in path (B) is both a famous
American actor and a practicing Buddhist. An Institute of
Buddhist Studies in path (C) is located in the California
State of the USA. Path(D) exists probably because many
immigrants from Vietnam live in Los Angeles. About 85
percent of Vietnamese are Buddhist. Path(E) exists prob-
ably because the rate of Buddhist in Hawaii is the highest
among all the states in the USA, and many temples exist
there. These five paths are helpful for us to understand the
relationship between Buddhism and the USA.

Buddhism

Fig. ' . Explaining the rilaticnship between Buddhism and thi USA.
5 .CONCLUSION:

Here we did propose a new method of measuring the
strength of a relationship between two objects on Wiki-
pedia. With the help of a generalized maximum flow, the
three representative concepts, distance, connectivity, and
cocitation, can be reflected in our method. Furthermore,
our method does not underestimate objects having high
degrees. We have ascertained that we can obtain a fairly
reasonable ranking according to the strength of relation-
ships by our method. Particularly, our method is the only
choice for measuring 3-hop implicit relationships. We
have also confirmed that elucidatory objects are helpful to
deeply understand a relationship. Some future challenges
remain. We are also interested in seeking possibilities of
the elucidatory objects constituting a relationship mined
by our method. We plan to quantitatively evaluate the
elucidatory objects. We are developing a tool for deeply
understanding relationships by utilizing elucidatory ob-
jects.
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